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£�

�Ä�*ÜK/k§ÙGalois+

Gal(K/k) = Aut(K/k) ≤ Aut(K )

Ún

�dimk K <∞. K|Gal(K/k)| ≤ dimk K! eK = (k, f (x))��

©õ�ªf (x) ∈ k[x ]�©��§K�Ò¤á�

�{µ�\¥m�k(α), �Ä�U�òÿ!
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�Äf+G ≤ Aut(K )§ÙØCf+

KG = {a ∈ K | σ(a) = a, ?Ûσ ∈ G} ⊆ K

ù´f��

1 H ≤ G§KKG ⊆ KH ⊆ K

2 �K/k§�G ≤ Gal(K/k)"Kk ⊆ KG ⊆ K

3 k ⊆ KGal(K/k)

4 G ≤ Gal(K/KG )
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½n

�G ≤ Aut(K ) �k�f+"Kk

1 [K : KG ] = |G |

2 G = Gal(K/KG )

yµ�n = |G |�k = KG"�Iy(ArtinÚn)µdimkK ≤ n"

��{e1, · · · , en+1} ⊆ K ´k- �5Ã'"�

Än × (n + 1)Ý


A = (σ(e1), · · · , σ(en+1))σ∈G

�Ä)�mV ⊆ Kn+1µ§´G -ØC��

��"�þv = (λ1, · · · , λn+1) ∈ V¦��"©þ��

£�"©þ��ü�§�ØUÑ3k¥�¤"

Ø��λ1 = 1, λ2 /∈ k"�g ∈ G¦�g(λ2) 6= λ2"

Kv − g(v) ∈ V§gñ�
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Galois*Ü

�Äk��*ÜK/k, G = Gal(K/k)"®�k ⊆ KG

½n

±eäó�d"

1 k = KG

2 |G | = dimk K

3 ?Ûα ∈ K§α���õ�ªÃ­�§�3Kþ©�"

4 K = (k, f (x))§f (x) ∈ k[x ]�©õ�ª"

d�§¡K/k�k�Galois *Ü�
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½ny²

1 (1)⇒ (2) �þ½n�

2 (2)⇒ (3) £��Ó��òÿ�

3 (3)⇒ (4) ©���½Â

4 (4)⇒ (2) ®��

5 (2)⇒ (1) N´y²"
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V�

·K (ýéGaloisV�)

�3V�

{k�f+G ≤ Aut(K )} ←→ {f�k ⊆ K | K/k k��Galois}

·K (�éGaloisV�)

�K/k�k��Galois *Ü"K�3V�

{Gal(K/k) �f+} ←→ {K/k �¥m�}

5µ¥m�E§K/Eo´Galois"�§

K/k´Galois���=�σ(E ) = E§?Ûσ ∈ Gal(K/k)"
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~f

1 K/Fpk���

2 K = (Q, x3 − 2)

3 K = (Q, (x2 − 2)(x2 − 3))

4 ?Ûk�+G ≤ Sn�^uk(t1, · · · , tn)§�§¤
�Galois+�
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